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1. Introduction

In Refs [1], two of us (5.J. and B.F.L.W.) introduced the systematic
simulation of higher order radiative corrections by Monte Carlo methods
which realize the rigorous Yennie-Frautschi-Suura (YFS) (2J cancellation
of infrared divergences to all orders in Q. The resulting approach to higher
order radiative corrections, which we refer to as the YFS Monte Carlo ap­
proach, yields event generators which then simulate the physics processes
under study to a well defined precision which can be systematically improved
by working to higher and higher order in the respective YFS expansion as it
is presented in [2], for example. In particular, the original implementation
was in context of high precision ZO physics at LEP ISLC. More recently,
we ha.ve extended [3] the YFS Monte Carlo approach to physics processes
of interest to the SSC/LHC type devices. In what follows, we present the
current status of the YFS Monte Carlo approach to higher order radiative
corrections relative to the respective ZO and SSC/LHC physics applications.
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Fig. 1. The process e+e- --+ ff + n(1'). Here, the 4-momentum of A is PAt A =
e, e, f, f, where f is a fundamental SU2L x U1 x SU(3)C fermion. The 4-momentum
of photon 1'i is~, i = 1, ... t n.

More specifically, in Refs [1], two or us (8.J. and B.F.L.W.).introduced
the YFS Monte Carlo approach to high precision ZO physics for the basic
processes e+e- --+ ff +nCr), where f is a fundamental fermion in the stan­
dard SU2L X U1 X SU(3)C model [4], as we illustrate in Fig. 1. The cases
where f is and is not the electron resulted in two different realizations of
our YFS Monte Carlo methods [1], one via the event generator YFS2 [5]
which treats the latter case and one via the event generator BHLUMIl.xx
[6], which treats the former case. We recall that, in the high precision ZO
physics, the case where f = e in Fig. 1 has some special significance; for, in
that case, at low angles, the respective cross section is used to monitor the
LEPISLC luminosity. Since this luminosity enters into all cross sections at
LEPISLe, the radiative corrections to it are extremely important. For this
reason, the pure initial state nCr) event generator YFS2 was supplemented
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by an entirely new event generator, BHLUMI1.xx:, which treats initial, fi­
nal and initial-final interference n(7) radiation via our rigorous YFS Monte
Carlo methods. We emphasize that in the LEP ISLe luminosity process,
there is no dominant narrow resonance effect to suppress initial-final inter­
ference effects and that the highly restrictive phase space of the luminosity
acceptance means that even final state radiative effects are important at the
desired level of precision. For reference, we note that the original precision
of the pure initial state n('1) event generator YFS2 was ~ 0.1% whereas
the original precision of BHLUMIl.xx for the LEP ISLe luminosity process
was 1%. As we explain in what follows, recently we have realized 0.25%
precision on the pure QED corrections to the LEP ISLC luminosity process
in version 2.01 of BHLUMI [7]. The advent of a new generation of luminos­
ity monitors at LEP (8] has enabled the experimental precision on (f£" the
luminosity cross section, to reach 0.19% in the ALEPH Collaboration, for
example.. Accordingly, we conunent below on the impending next level of
precision which we expect to reach with version 4.xx of BHLUMI.

The fundamental basis of our approach to higher order radiative cor­
rections is then the two key results of YFS in Ref. [2]. Referring to Fig. 1,
YFS have shown that the virtual infrared divergences associated with the
amplitude M(n) depicted therein may be represented as

M(n) =e-aBYFS L m~n) ,

j

(1)

and that the real. infrared divergences attendant to the cross section associ­
ated with the process depicted in this same figure are represented by

I M(n) 12 = e-2aReBYFS[SYFS(kl) .• •SYFs(kn)Po +... +Pn(k1, ••• , kn)] ,
(2)

where the virtual infrared function Byps and the real infrared emission
function SYFS are both well known [1, 2] explicitly from

B _ ..=i-J cI4k (_ [ - 2Pe - k - 2Pe +k]2 )
YFS - 81r3 (k2 - A2 +it) k 2 +2kPe + it +k 2 - 2kPe + it +...

(3)
and

(4)

where A is our infrared regulator mass and Kmax is our soft photon energy
resolution parameter - it can correspond to a detector resolution parameter
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for such soft photons for example. We cannot emphasize too much that no
physical cross section can depend on Kmax• The important facts are that

m~n) have no virtual infrared divergences to all orders in a and that the

fundamental hard photon residuals Pn have neither virtual nor real infrared
divergences to all orders in cr [2]. The immediate consequence is that the
cross section associated with the process in Fig. 1 can be represented as [2]

iT = e2aReBYFS+2aBYFS ~ JlIn d
3
kj J cJ.4y

YFS L...J k~ (2J")4
n=O j=l J

iy(P,+P,-Ej kj-P/-P/)+DYPsa (L k )d
3
PI d

3
PJ (5)

X e fin 11;1,··· I n PJ Pj I

where we have defined

(6)

and

(7)

We emphasize that (5) is independent of the parameter K max• It is the
formula (5) that has been realized via Monte Carlo methods in Ref. (lJ for
the first time, wherein the result in [9] was used in a fundamental way. This
realization then gave the first ever multiple photon amplitude based event
generators in which the cancellation of infrared singularities is effected to
all orders in Q.

In particular, the way to high precision ZO physics was greatly facilitated
by our YFS Monte Carlo based approach to higher order radiative correc­
tions: (a) the physical 4-vectors of the n(1) system in Fig. 1 were available
on an event-by-event basis from the generator; (b) arbitrary detector cuts
can be easily accommodated in the generator by simple rejection methods.
Hence, the results in Refs [1] corresponded to the first ever realistic high
precision n{1) radiative corrections for ZO physics.

What we wish to do in this discussion is to present the current perspec­
tive on the YFS Monte Carlo approach to higher order radiative corrections
to SU(2)L xU1 X SU(3)C Standard Model processes. We focus on high preci­
sion ZO physics and on precision SSC/LHC physics. In the former area, we
address the cmrent status and outlook for our YFS Monte Carlo realization
of the processes e+e- -+ ff + n(7), f:j:. e, and e+e- -+ e+e- +n(1), {(1£

at LEPISLe), whereas in the latter area we discuss the current status and
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outlook for our extension of our YFS Monte Carlo methods to the realiza-
(-) (-) (-)

tion of the processes q + q , ---. q" + q II' +n("1), P +P -+ q + q , + n("1) + X
(-) (-) (-)

and q + q' --+ q" + q "' + n(G), where G is a QeD gluon and q ['1"'''']
are (anti- )quarks. The high precision ZO physics is presented in the next
section; the precision SSe/LHe physics is presented in Section 3. Section
4 contains some stUIlInary remarks.

2. High precision ZO physics

1n this section, we present the current status and outlook for our YFS
Monte Carlo realization of the higher order radiative corrections to the basic
processes relevant to high precision ZO physics. We begin with the process
e+e- --+ f +f +n(1'), where f f:. e.

The practical implementation of the YFS2 event generator for the
LEPISLe physics of the processes e+e- --+ ff + n("1), f 1= e, has been ef­
fected via the program KORALZ3.8 [10], wherein three ofus (5.J., B.F.L.W.
and Z.W.) have integrated YFS2 with the O(Q) electroweak radiative cor­
rection libraries of Bardin et ale [11] ~d of Hollik [12], where in the case that
f = T the tau decay module Tauola [13] is also included. The result is that
KORALZ3.8 is the unique multiple photon event generator with the YFS
n(i) initial state radiation from YFS2, 17 final state radiation and O(a)
pure weak corrections. The respective QED corrections are then accurate
to ~ 0.1%. The typical set of Feynman graphs treated by KORALZ3.8 is
illustrated in Fig. 2; it is now in wide use at LEP ISLe.

Fig. 2. Multiple photon radiation from the initial state and single photon radiation
from 'the final state in the presence of pure weak one-loop corrections in ee -+ flf' +
(n + 1)1. with the same kinematical conventions as those in Fig. 1.

For example, consider the case when f = T in Fig. 2, so that we have
the process e+e- --+ TT +n(j). There is available as a LEP observable the
fundamental T polarization asymmetry A;ol' whose Born level expected
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value is
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AT _ 2ar v,.
pol - a2 + V 2,. ,.

(8)

when aT' and v.,. are the respective axial-vector and vector couplings of the T

to the ZO. The initial state radiation shifts A;ol by 1.7% at the ZO peak and,
using KORALZ3.8, we control this shift to < 0.07%. The measured value
of A;ol is an important part of the high precision ZO physics tests of the
Standard Model and KORALZ3.8, by providing realistic event simulations
of the respective ZO production and decay processes, plays an essential role
in the respective data analysis and interpretation [14].

Recently we have developed two new directions in our YFS2-based re­
searro. We will now describe these two directions in turn.

First, two of us (8.J. and B.F.L.W.) have extended the YFS2 program
to include multiple final state radiative effects in our YFS Monte Carlo
framework, as illustrated in Fig. 3. The resulting Monte Carlo event gen­
erator is the program YFS3 [15] and describes the realistic event-by-event
simulation of both initial state and final state n(1) radiative effects in the
processes e+e- -+- ff +n(i), f ¥ e. YFS3 has already found wide use at
LEP.

Fig. 3. Multiple photon radiation from the initial state and the final state (pure
weak effects may be present in the underlying interactions) in ee --+ flfl + (n + 1)1',
with the same kinematical conventions as those in Fig. 1.

To illustrate this use, consider the recent excitement generated by the
L3 observations [16] of the processes e+e- ---+ il+11, where L is a charged
lepton and one focuses on large values of the M'Y'Y' the 11 invariant mass.
The comparison of the L3 data with our absolutely normalized YFS3 pre­
diction for the M"{"{ distribution is shown in Fig. 6 of Ref. [16]. At the time
of this plot, the clustering of events near M'Y'Y == 60 GeV represented a 0.1%
fluctuation above the YFS3 prediction when due aCCOl!Ilt is taken of accu­
racy of the YFS3 result-in the respective region of11 phase space. Recently,
all LEP collaborations have searched for similar events as those found by
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L3 and have used YFS3 in assessing their findings [17]. The conclusions are
cWTently that the significance of the clustering near M'Y"Y =60 GeV is that
of a f'V 2% fluctuation and that more data are needed to definitively clarify
the situation.

Secondly, we note that three of us (5.J., B.F.L.W. and Z.W.) are de­
veloping version 4.0 of KORALZ [18] which combines the program YFS3
with KORALZ3.8 so that one has YFS Monte Carlo simulation of both ini­
tial and final state n(1) radiative effects in the presence of the pure weak
0(0) radiative corrections libraries of Bardin et ale [11] and of Hollik [12)
as well as access to the T decay library Tauola [13]. This program is in its
testing stages and will be available for public distribution in the near future
[18]. We expect KORALZ4.0 to have even wider use than version 3.8 at
LEPISLe in view of the recent interest in final state radiation at LEP [19].

Turning next to the important LEPISLe luminosity process e+e- --+

e+e- + n(1), we note that four of us (S.J., E.R.-Was, B.F.L.W. and Z.W.)
have recently published [7] and distributed version 2.01 of the YFS Monte
Carlo program BHLUMI. The main result of this new version of BHLUMI
is that the LEPISLe luminosity process is simulated to 0.25% precision
insofar as the QED radiative effects are concerned. The contribution from
the 1 - ZO interference effect is treated as the lowest order and recent work
by Beenakker and Pietrzyk [20] gives an additional effect of ~ 0.2% for the
O(a) correction to this interferen~eat s = M~o, for example. In our original
error analysis for BHLUMI, which is given in Table 2 of the second paper
in Ref. [7], we estimated the size of this correction to be bounded by 0.03%,
somewhat lower than the result in Ref. [20]. Accordingly, Wltil we incorpo­
rate the correction into BHLUMI, one may conservatively add an additional.
error of 0.2% in quadrature with the pure QED error of 0.25% quoted in
Ref. [7] to get a total precision of 0.3% for the LEP ISLe luminosity cross
section as calculated by BHLUMI2.01 for the typical LEP ISLe scattering
angle acceptance of ~ 3° - 6°, for example, at s =Mio. This is the highest
precision ever achieved in a calculation of low angle Bhabha scattering at
high cms energies. BHLUMI is in wide use at LEP ISLe; it opens the way
to 0.1% tests of the Standard Model in ZO physics.

Indeed for the 1991 LEP data, the 0.3% accuracy on BHLUMI2.01 was
quite adequate; for, the smallest experimental error on the respective lumi­
nosity cross section was that of the ALEPH Collaboration and was 0.45%
[21], so that the error on BHLUMI's result was still small compared to
that of the experimental results. For the 1992 data, the situation has been
changed by the advent of a new class of luminosity monitoring devices at
LEP whose aim is to reduce the experimental error to the 0.1% or below
regime - this is what one really needs for 0.1%precision ZO physics. Indeed,
already the ALEPH Collaboration [22] has reported that its new luminos-
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ity monitor, with an acceptance of 1.4°-3.3°, has allowed it to achieve the
experimental systematic error of 0.152% for its luminosity cross section in
the 1992 data. This means that the precision of BHLUMI needs to be im­
proved to the 0.05% regime in the near future so that the theoretical error
on the luminosity cross section will not prevent 0.1% comparison between
the Standard Model predictions and the experimental observations in high
precision ZO physics. Accordingly, we are now in the process of making the
improvement in BHLUMI [23].

Specifically, referring to Table 2 in the second paper in Ref. [7], we see
that the higher order corrections to the bremsstrahlung process are a large
part of the error in the BHLUMI2.01 cross section. Recently, three of us
(8.J., B..F.L.W. and S.Y.) have computed [24] the exact result for the two
photon bremsstrahlung process e+e- --+ e+e- +21. This result allows us to
remove the error due to the missing bremsstrahlung corrections as quoted in
Table 2 of the second paper in Ref. [7]. Similarly, the missing corrections for
the pairs production listed in the latter table (hereafter referred to as Table
2) have recently been computed [25] by three ofus (S.J., M.S. and B.F.L.W.)
and are cWTently being implemented at the level of a Monte Carlo. This
then allows us to remove the errors due to soft pairs in BHLUMI2.01. The
error listed for the ZO exchange effect in Table 2 has been discussed above;
the effect is computed in Ref. [20] in detail and we are currently checking
[26] the respective result. Hence, this will allow us to remove the error due
to the ZO exchange effect from BHLUMI2.01.

Finally, we note that the smaller acceptance of the new luminosity moni­
tors compared to the older ones will reduce the error due to hadronic vacuum
polarization in Table 2 to below 0.05% [22]. This means that, in view of the
improvements just described for the other errors in Table 2, the total pre­
cision in the respective impending new version of BHLUMI, which we will
call version 4.00, will be indeed "J 0.05%, as desired.. Implied in this latter
statement is the ability to check both the physical and technical precision of
the respective implementation of the hard photon residuals Pi, i = 0, 1, 2 to
the < 0.02% precision level .. Here the primary physical effect needed which
is not readily available in the literature is the exact O(a) corre~tion to the
single bremsstrahlung process [27], where the original work in [28] is not
sufficient because it is not completely differential, for example. Recently, a
sufficient accurate version of the required result has appeared [29]; our exact
expression should be available soon as well. (We need to mention that very
useful work by the authors in Ref. [30] on the O(a2 ) virtual corrections
to low angle Bhabha scattering is now available for checking our work on
the analogous corrections to i3o. The work in Ref. [29] is also useful in this
regard.)

We conclude that high precision ZO physics at the "-i 0.1% level is near
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(9)

and that our YFS Monte Carlo methods have played and will continue to
playa significant role in that physics. We turn now to the extension of these
methods to LHC/SSC processes. This is the subject of the next section.

3. Precision SSe/LHC physics

In this section we discuss the extension of our YFS Monte Carlo meth­
ods to precision SSC physics issues. We shall discuss both multiple pho­
ton effects and multiple gluon effects in this context. We begin with mul-

(-) (-)
tiple photon effects in the processes q + q I -+ q" + q'II + n(1) and

(-)
p+p-+q+q'+X.

Specifically, in [3] five orus (D.D., S.J., Ch.S., G.S. and B.F.L.W.) have
effected the extension of the YFS2 Monte Carlo calculation in [2] to the
basic ferrnion-(anti)-fermion scattering processes at SSe/LHe energies in
the SDC/GEM type acceptances. This extension ofYFS2, which we denote
by SSCYFS2, then allows the event-by-event realization of multiple photon
radiative effects in the SSC/LHC environment at the level of quarks, where
the cancellation of the respective infr~eddivergences is effected to all orders
in o. The details of the extencion may be found in [3]. Here, we emphasize
that, due to the lack of a prominent resonance in the underlying QCD
processes, the background MC [2] in SSCYFS2 had to made significantly
different from that in YFS2 in order to maintain a reasonable rejection
efficiency. In addition, the numerical work in SSCYFS2 had to be improved
over that in YFS2 in order to control machine rounding errors. We want
to emphasize that the fundamental running quark masses play the same
role in SSCYFS2 that the electron mass plays in YFS2: they determine
the probability to radiate in the initial state of the underlying QeD hard
processes via the usual formula

- 2aQ; (S ) ViP(k> ko) =-- In-2 - 1 In---,
1r m , 2ko

where Qf and mr are the electric charge and rest mass of the fermion f when
the electric charge is measured in units of the positron charge. It is in this
way that SSCYFS2 controls the absolute normalization of multiple photon
radiative effects at the quark level in SSC/LHC processes.

We illustrate the capabilities of SSCYFS2 in Fig. 4 and 5 for the pro­
cesses u +u --+- uu + n(1) at Vi = 40 TeV (entirely similar results hold for
Vi = 6.7 TeV [3]). What we show in Fig. 4 is the photon multiplicity for
the SDC and GEM acceptance 1711 $ 2.8 for photon energies E'Y > 20 MeV
in the ems system. We see that the average number of such photons per
event is

(n'Y) = 0.85 ± 0.92. (10)
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Photon Multiplicity
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Fig. 4. Photon multiplicity in u + u --+ U +u +n('Y) at Vi =40 TeV.. Similar results
hold for Vi = 6.7 TeV [3].
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Fig. 5. v-distribution for u + u --+ u + u + n(1') at Vi = 40 TeV. Similar results
hold for Vi =6.7 TeV [3].
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Similarly, in Fig. 5 we show the v == (s - s')/ s distribution for the same
SDC/GEM acceptance. The respective average value is

(v) = 0.05 ± 0.09. (11)

Thus in both figures, we see that these n('1) effects must be taken into
account for precise SSC/LHC physics simulations.

The discussion of n(7) effects at the quark level allows a natural ex­
tension of such effects at the hadron level. We can effect the corresponding
extension either in the usual parton model or in the arnplitude-based method
of Lepage and Brodsky [31]. Here we discuss the former approach; the latter
approach will be taken-up elsewhere [32]. Specifically, in Ref. [3J, we have

(-)
used the standard parton model formula for the process p +p -+ q+ q '+X
so that respective cross section is represented as

(T = J~ Dj(Zl)Dj'(Z2)OYFS(ZlZ2 S )dz1dz2 , (12)

',J

where D j are the usual parton distribution functions and Zi are the respec­
tive light cone momentum fractions of partons j and j'. Using SSCYFS2 for
the cross section DYFs in (12), we have realized the RHS (right-hand side) of
the last equation via Monte Carlo methods in the program SSCYFSP [3]. In
this way, we get the results in Figs 6 and 7 for the number of radiated pho­
tons and that v-distribution, respectively. We see that the corresponding
average values of n~ and v are, for VS = 40 TeV,

and

(n~) = 0.133 ± 0.369

(v) = 0.018 ± 0.067 .

(13)

(14)

Thus, we again conclude that the multi-photon effects must be taken into
account for precise SSC/LHC physics simulations, such as those required to
assess the discovery prospects for the Higgs particle of intermediate mass
via the decay H ~ 71, for example [32].

While the n-y effects are significant, clearly the dominant radiative ef­
fects in SSC/LHe physics are due to gluon radiation. In this latter context,
with an eye toward precision SSe/LHe physics, recently we have shown [33]
that the YFS theory can be extended to soft gluons in QeD. Specifically,
from the graphs in Fig. 8 for the process (the relevant kinematics is summa-

rized in the figure) q +(q)' -+ q +(q)' + (G), we follow the prescription of
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Fig. 6. Photon multiplicity in p + p -. q + (q) I + X + n(~) at .;s = 40 TeV.
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Fig. 7. v-distribution in p + p -+ q + (q) I + X + n(-r) at .;s=40 TeV.
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Fig. 8. The process q + (q) I --+ q + (q) I + (G) to O(Q.): (a) Born approximation;
(b) O(a.) virtual correction; (c) O(a.) bremsstrahlung process.

YFS for the QeD analogue of the YFS real and virtual infrared functions
BYFS and BYFs, respectively. We get [33] for QeD the results

BQCD =
i J d

4
k [c ( 2Pl +k 2P2 - k ) 2

(8r3 ) (k2 - mb + ie) F k2 +2k· PI + ie + k2 - 2k· P2 + ie

..1C 2(2PI + k) · (2p2 - k)
+ •(k2 +2k •PI + ie)(k2 - 2k · P2 + ie)
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and

with
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( )

2
C 2ql + k 2q2 - k

+ F k2 + 2k ° ql + if: + k2 - 2k ° q2 + if:

LiC 2(2ql + k) ° (2q2 - k)
+ •(k2 + 2k ° ql + if:)(k2 - 2k ° q2 + if:)

( )

2
C 2P2 + k 2q2 + k

+ F k2 + 2k ° P2 + if: - k2 + 2k ° q2 + if:

_ LiC 2(2q2 + k) ° (2p2 + k)
t(k2 +2k· q2 + ie)(k2 +2k· P2 + it:)

( )

2
C 2PI + k 2ql + k

+ F k2 + 2k ° PI + if: - k2 + 2k ° qI + if:

_ LiC 2(2PI + k) ° (2ql + k)
t(k2 + 2k· PI + ie)(k2 + 21e· qI + ie)

( )

2
_ CF 2PI + k _ 2q2 + k

k 2 + 2k · Pt + it k 2 + 2k · q2 + it:
LiC 2(2pI + k) ° (2q2 + k)

+ u (k2 + 2k ° PI + if:)(k2 + 2k ° q2 + if:)

_ C F ( 2qt + k _ 2P2 + k ) 2

k 2 + 2k · qI + it k 2 +2k · P2 + ie

LiC 2(2ql + k) ° (2p2 + k) ]
+ u (k2 + 2k ° ql + if:)( k2 + 2k ° P2 + ie)

(15)

(16)

S- (Ie) - Q. {C ( PI qI) 2 AC 2pt· qtQeD - -- F -- - -- - LI t
4r2 Pt · Ie qI · k k · PI k · qt

+CF(~_~)2 -LiCt 2p2°q2 +CF(~_~)2
P2 • Ie q2 • Ie Ie •P2 k · q2 Pt · k P2 · k

_ LiC 2PI ° P2 +CF (~ _ ~) 2 _ LiC 2ql ° q2
• k · PI Ie •P2 ql • k q2 • Ie • Ie • ql k · q2

2· 2

-CF(~-~) +LiC 2qlop2 -CF(~-~)
qt · k P2 • k uk· qI Ie •P2 q2 • k PI · k

+ LiC 2q2 ° PI } (17)
U Ie • q2 k · PI '
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where OF = 4/3 = quadratic Casimir invariant of the quark color represen­
tation, rna is a standard infrared regulator mass and

{
1 ' · ·Lie. = --1/'6, q~ ~nco~ng LlC = -3/2 andqq' Inconung ,t ,

Lie = { -5/2, qq'incomingg (18)
tAo -5/3, qq'incoming ,

and we alwa.ys assume an SDC/GEM trigger such that Iq2
1 = I(PI - ql )21 ~

A~CD and Iq,21 = 1(1'2 - q2)21 :> A~CD.

The important fact is that graphs (v)-(vii) in Fig. 8b and (v) in Fig. 8c
do not contribute to the infrared singularities in the respective cross sections.
More important is the fact that

is also infrared finite: for m q = mq' = m, for example, we get

)
Q.

SUMm(QCD =-
r

A={.s,t,u,.'.t' ,u'}
(20)

where

B (A) =10 (2Kmax) 2 (In (~) _1) +! In~ _ 1r

2
+8(A)?r

2
(21)

tot g JiAT m 2 2 m 2 6 2

and

(A) = {O, A =8, s', t, t' . (22)
PI, A =u, u'

(The general expression for (20) with m q =F m q, can be infrared from Refs
[1, 2, 34] and [35J and it is in agreement with the infrared cancellations in
(20).) Thus, for soft gluons with wavelengths::> 1/AQcn, we find that we
may carry through the methods ofYFS to QeD [36]. In concluding that we
can carry through the methods of Ref. [2] from (15)-(22), we are using the
same exponentiation algebra as that given therein, where the only difference
is that, here, each channel of the s, t and u channels has a different weight
in BQCD and BQCD which depends on CF and CA = 3, whereas in QED
corresponding weights only depend on the electric charges of the respective
interacting fermions. Alternatively, one can use the pioneering results of
Berends and Giele in Ref. [37] to conclude that the infrared radiation fac­
torizes in QeD so that our results (15)-(22) can be substituted directly into
the YFS exponentiation result. (Here, CA is the gluon Casimir invariant.)
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Specifically, our exponentiated multiple gluon cross section takes the
form

(23)

and

Po = duel-loop) - 2a.ReBQcoduB,

- B1-(3 = dO' - SQcD(k)duB, ... ,

(24)

(25)

where duel-loop) is the O(a.) cross section for Figs 8a and b [38], duBl

is the cross section for Fig. Bc (39), and dlTB is the Born cross section for
Fig. 8a. Formulas for the remaining Pn can be inferred from Refs [1, 2,
32, 34]; we show only the Pi relevant to exact 0 (Q$) exponentiation for
the sake of pedagogy. Note that the dummy parameter K max may corre­
spond to an experimental detector resolution for soft gluon jet energies; we
emphasize that (23) is independent of K max, in complete analogy with the
corresponding circumstance in QED.

The hard gluon residuals Pn in (23) can be improved via the usual
renormalization group methods in complete analogy with the renormal­
ization group improvement of the QED YFS hard photon residuals Pn in
Ref. [34]. This follows from the fact that QeD, like QED is a renormaliz­
able quantum field theory, which is perturbatively calculable so long as the
relevant momentum tran~fer squared is large compared to A~CD. This lat­
ter requirement is satisfied for (23), where we have in mind the SDC/GEM
acceptances at the sse for Vi = 40 TeV pp collisions. Following the ar­
guments in Ref. [34], we conclude that we get the renormalization group
improved version of (23) by making the substitutions in (23) (here we use
the standard notation [40] for the running masses mi(A) and the scaled
external momenta {APi})
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where Dr is the respective engineering dimension of the amplitude from
which ~n is constructed and 1r is the anomalous dimension of the am­
plitude [40]. (We allow that a finite renormalization group transformation
may have been used to implement Weinberg's renormalization group op­
erator at a convenient off-shell point and to return our amplitude to the
mass shell thereafter.) In this way, we arrive at the renormalization group
improved exponentiated multiple gluon theory which is entirely analogous
to the renormalization group improved YFS theory in Ref. [34] for QED.

The results (23) and (26) lend themselves to the same kind of Monte
Carlo event generator realization as did the theory in Ref. [34]. We have
constructed two such event generators from (23) and (26), one of which,
SSCBHLG, treats multiple gluon radiation from both initial and final states,
and the other of which, SSCYFSG, treats multiple gluon radiation from the
initial state only. These two Monte Carlo event generators will be discussed
in detail elsewhere [32J.

We conclude this section by emphasizing that our multiple gluon Monte
Carlo programs SSCYFSG and SSCBHLG have a sound theoretical basis:
the way the precision SSe/LHe physics is now open. Indeed, we can report
for example the sample preliminary result from SSCBHLG that, for the
SDC/GEM type cuts, in the process u+u ~ u+u+n(G) for Vi = 40 TeV,
the average number of gluons with energy greater than 3 GeV is (nG) ~

15 - 30 per event. Clearly, these have to be treated properly to assess
SSe/LHe physics reliably.

4. Conclusions and outlook

What we have shown in our discussion is that the high precision ZO
physics is approaching the 0.1% regime, where we recall that the generic
weak loop effect is of size ~ ~ 0.23%. This means that I'V 2 X l07Zo,s at LEP
would be very useful in taking full advantage of this 0.1%regime for testing
the Standard Model. We therefore encourage the LEP experimentalists to
strive to achieve this level of detected ZO's.

The high precision sse/LHC physics is now possible for the n( '1 ) effects,
at 0.1% precision, at the parton level using SSCYFS2 [3]. The analogous
results for pp scattering are available using SSCYFSP [3] with the usual
parton model dependence of the respective precision. We are working on
a realization of such results via the Lepage-Brodsky approach to hadron­
hadron processes which would reduce this latter model dependence of the
respective precision [32].

Precision n(G) SSC/LHe physics, at "J 3% precision at the parton
level, is near, whe.-e G denotes QeD gluon. Here the precise extension to
the hadron level will involve the Lepage-Brodsky methods as well.
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We may, therefore, state that YFS Monte Carlo methods and their
extensions to QeD have a broad reach in Standard Model physics. This
reach may even take us beyond the latter model.

One of the authors (B.F.L.W.) is grateful to Prof. A. Bialas and the
Organizing Committee for giving him the opportunity to participate in the
XXXIII Cracow School of Theoretical Physics. The authors have bene­
fited from the kind hospitality of Profs. M. Breidenbach, J. Dorfan and C.
Prescott of SLAC, of Prof. J. Ellis of the CERN TH Division, and of Profs.
w. Bardeen and F Gihnan of SSCL at various stages of the development of
the material presented in the text.
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